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Thm. C 0,1 NBV BV  (Normalized & bdd variation) (Riesz, 1909)

                  (isometric isomorphism)

              C 0,1

Motivation:

         Def. BV  on 0,1  of bdd variation  (cf. p.
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Def. "~" in BV: ~  if  0,1 ,  equiv, 

                           constant  (Ex.4.14.3) for all  except when  or  is disconti. at 
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Let :
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Then ,  normed space

 Consider the representative 

       (1) 0 0;

       (2)  right conti. on 0,1 ;

       (3)  left conti. at 1.
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Thm.  locally compact, top. space (Ex. 0,1 ,  1, 2,..., ,  1, 2,... ,  R)

         : R conti. & 0, :  compact

         Then regular Borel signed measures on 

Def. 0 is regular 
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Thm.1. 0,1 ,   0,1  & .

Motivation:

Pf.: Then 0

Difficulty: 0,1

       Hahn- Banach Thm  extended to 0,1  & 
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Thm. 2. 0,1

             isometric isom.

             

              0,1 .

Pf.: ,  define  0,1 .

       Then, (1) well-defined, &       (Thm 1(3))
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(5) isometric:

      Then . Conclusion: 0,1
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0(Motivation: Look at graphs of & )

Homework:

  Sec. 4.14 Ex.6
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